closure ([3] p. 51, $3N$ ). In this note we shall remark the necessary and sufficient topological condition for $C(E)$ on an arbitrary topological space $E$ to be conditionally a-complete or conditionally complete.
In the sequel a cozero-set $P$ of $f\in C(E)$ will be denoted by $P(f);P(f)$ $=\{x|f(x)\neq 0\}=\{x||f|(x)>0\}$ . Theorem 1. $C(E)$ is a conditionally a-complete lattice if and only if the following two conditions are satisfied a) there exists the smallest open-closed set $U(P)$ containing $P$ for any cozero-set $P$ .
for two cozero.sets $P_{1}$ and $P_{2}$ , then $ U(P_{1})_{\cap}U(P_{2})=\phi$ Proof. Suppose $C(E)$ is conditionally a-complete and $P$ is a cozero-set of some $f\in C(E),$ $P=P(f)$ , then by the conditional a-completeness of $C(E)f$ gives the orthogonal decomposition of the constant function 1 as follows
1) every family with an upper bound in $C(F_{\lrcorner})$ has a supremum in $C(E)$ .
2) every countable family with an upper bound in $C(E)$ has a supremum in $C(E)$ .
3) $\{x|f(x)=0\}$ is a zero-set of $f\in C(E)$ , cozero-set is a complement of a zero-set. $(\alpha>0)$ . We have then
$\bigcup_{\alpha>0}E_{a}=E$ .
If we put $f_{0}(x)=\inf\alpha(x\in E)$ , then by (2) $f_{0}$ is a non-negative real valued function on $E$ , and
This implies the continuity of $f_{0}$ . Since $E_{a}^{(n)}\subset E_{\alpha}\subset U.\subset\{x|f_{0}(x)\leqq\alpha\}(n=1,2$ , ; $\alpha>0$ ), we have $f_{n}\geqq f_{0}(n=1,2, \cdots)$ , that is, $f_{0}$ is a lower bound of $\{f_{n}\}$ .
And if $f_{n}\geqq g\geqq 0(n=1,2, \cdots)$ , for some $g\in C(E)$ , then we have $E_{a\cap}\{x|g(x)>$ $\alpha\}=\phi(\alpha>0)$ . Hence from the assumption b) we see $ U_{\alpha\cap}\{x|g(x)>\alpha\}=\phi$ $(\alpha>0)$ , and so $\{x|f_{0}(x)<\alpha\}\subset U_{a}\subset\{x|g(x)\leqq\alpha\}(\alpha>0)$ . hence $g\geqq f_{0}$ . Therefore
Similarly it is easy to give a necessary and sufficient condition for $C(E)$ to be a conditionally complete lattice. then we have a purely topological sufficient condition for $C(E)$ to be conditionally a-complete. Obviously it is weaker than $\sigma$ -universality in [1] .
Under the assumptions $a^{\prime}$ ) and $b^{\prime}$ ) we have a following extension theorem which is a slight generalization of Theorem 41.2 of [2] .
Suppose $E$ satisfies 
